Abstract. In this paper we shall prove a theorem on a representation of * -regularly varying sequences in the sense of Karamata [1] .
Introduction and results
Consider the sequences (c n ), c n > 0 (n ∈ N ) which are nondecreasing and satisfy the following asymptotic condition (1) lim λ→1+ lim n→+∞ c [nλ] c n = 1.
Such sequences are called * -regularly varying, and they have an important role in the analysis of divergent sequential processes (see e.g. [6] ).
Condition (1) is weaker than the Karamata condition of regular variability and stronger than the condition of O-regular variability (see e.g. [2] , [5] , [8] and [9] ).
Relation (1) obviously means that for any such sequence, the function k 0 (λ) = lim n→+∞ c [nλ] c n is right continuous at λ = 1. We shall first define an important class of functions. CRV is the class of all measurable functions F : [a, +∞) → (0, +∞) (a > 0) such that F (x(t)) ∼ F (y(t)) as t → +∞, for any two functions x, y with the properties lim
This class is investigated in detail in the papers [3] and [4] . 
The asymptotic condition (c) is in fact the Schmidt convergence condition (see e.g. [7] ).
The next theorem is a representation theorem for * -regularly varying sequences. Remark. It can be proved that all previous results remain true for sequences (c n ) which are not necessarily nondecreasing if the condition λ → 1+ in (1) is replaced by λ → 1.
Proofs of results
Proof of Proposition 1. By some results from [4,p.454 ] the implication (a) =⇒ (b) is trivial.
(b) =⇒ (a). Let (c n ) be a * -regularly varying sequence. From (1) we find that lim
] → 1+ as x → +∞, we find that for a fixed λ and all
for all δ > 0. Thus for a given λ and all δ ∈ (0, a − 1) we have
is an nondecreasing function, we have that lim λ→1+ k(λ) = 1 and lim λ→1− k(λ) ≤ 1. Finally, since the function k(λ) is defined on an interval [1 − a , 1 + a ] (a , a > 0), we get that c [x] belongs to the class of O-regularly varying functions ( [1] ), that is we have 
have the properties lim x→+∞ k 1 (x) = lim x→+∞ k 2 (x) = +∞, and
(b) =⇒ (c). Assume (b), and let (λ k ) be an arbitrary sequence such that lim
we get condition (c). (t) t dt ∈ R, we get that the function r 1 (t) = r(t) + s is bounded and uniformly continuous in t ∈ [log n 0 , +∞). Hence, for n ≥ n 0 we have
where lim n→+∞μn = 0, r 1 is a bounded and uniformly continuous function
(t) t dt (k ≥ n 0 + 1) and δ n 0 = 0. Finally, we find that
for any k ≥ n 0 + 1, since the function (t) is bounded on [B, +∞). In other words, (c n ) is a * -regularly varying sequence.
